
Malaya Journal of Matematik, Vol. 8, No. 2, 570-575, 2020

https://doi.org/10.26637/MJM0802/0043

Combined effect of surface roughness and
micropolar fluids on squeeze film characteristics
between rough flat plate and curved annular plates
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Abstract
The purpose of studying this paper is to investigate the combined impact of surface roughness and micropolar
fluids on rough flat plate and curved annular plates by considering the squeezing action. Based on the micropolar
fluid theory of Eringen and stochastic theory of Christensen’s, the modified stochastic Reynolds equation is
derived for the rough surface, using this equation pressure, load carrying capacity and squeeze film time are
determined. From the results it is found that, the azimuthal (radial) roughness pattern increases (decreases) the
pressure, load carrying capacity and squeeze film time.
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1. Introduction
The analysis of micropolar fluid is studied by Eringen [1]

and it is the subclass of microfluids. This fluid is widely used
in industrial applications such as the solidification of liquid
crystal, colloidal solution and exotic lubricants. Numerous
studies are conducted using the micropolar fluid theory. Such
as, the micropolar lubricant properties are studied by Maiti
[2] in the reference of complex and step slider bearings. Isa
and Zaheeruddin [3] shown that increasing the micropolar
parameter, load supporting capacity and the time of approach
increases and the frictioncoefficient decreases. In the presence

of micropolar fluid, bearing can support more load is analyzed
by Agarwal et al.[4]. Many authors [5]-[12] have reported that
in presence micropolar fluid lubricants load carrying capacity
increases and friction coefficient decreases as compared with
Newtonian case.

In recent years the study of the influence of surface rough-
ness on different surfaces of bearings has received growing
interest. This is mainly because of the reason that, in practice,
most of the bearing surfaces are rough. Surface roughness
is an important evaluation index of the quality of machine
surface, which plays a significant role in reducing mechanical
wear, impulsive damage and noise. The stochastic theory in-
troduced by Christensen [13] to study the surface roughness
effects in hydrodynamic lubrication, based on this analysis
several authors studied the rough bearings. Shukla [14] ana-
lyzed the lubrication for rough surfaces and shown that the
load carrying capacity increases with the values of roughness
parameter increases. Prakash et al.[15] describe a theoreti-
cal analysis of squeeze film lubrication between two rough
rectangular finite dimensional plates. Bujurke et al.[16] for
curved annular plates and also Basti [17]. From their analysis
it is found that surface roughness provides an improvement
for pressure, load carrying capacity and lengthened squeeze
film time.
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The main purpose of studying this paper is to examine the
micropolar fluids impacts on the rough flat plate and curved
annular plates, no studies have been found in the literature.
The present analysis is compared with smooth case studied by
Hanumagowda et al.[10], and are presented in Table 1.

2. Mathematical Formulation
Figure 1 shows a squeeze film geometry in which upper

plate is approaching towards lower plate with a normal veloc-
ity V (= dhm

dt ).

Figure 1: Squeeze film configuration of the rough flat
plate and curved annular plate.

The film thickness h is defined as

h = hm exp(−ζ r2/K2); k ≤ r ≤ K (2.1)

Here hm denotes the minimum film thickness, k and K are the
inside and outside radii respectively, r is the radial coordinate
and ζ is the curvature parameter.
The field equation for micropolar fluids are given by:
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where u and w are fluid velocity components and w1 is the
microrotational velocity component, χ is the spin viscosity,
γ is the material coefficient and µ is the classical viscosity
coefficient.

The significant boundary conditions are:
At the upper surface z = h

u = 0, w1 = 0, w =
dhm

dt
(2.5)

At the lower surface z = 0

u = 0, w1 = 0, w = 0 (2.6)

The solution of the equations (2.2) and (2.3) are obtained by
using the boundary conditions (2.5) and (2.6),
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Substituting u in the equation (2.4) and integrating we get,
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Where,

Q(A,B,h) = h3 +12B2h−6ABh2 coth
(
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)
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B

The mathematical expression for film thickness to represent
rough surface is considered as

H = h+hs(r,θ ,ξ ) (2.10)

Taking stochastic average of (2.9), we get
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Where,

E(•) =
∞∫
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(•)g(hs)dhs (2.12)

The probability distribution function g(hs) is given by;

g(hs) =


35

32n7 (n2−h2
s )

3 −n < hs < n

0 elsewhere
(2.13)

and hs is the stochastic film thickness, σ is standard deviation
and n = 3σ .
The following two forms of roughness structures are consid-
ered in the context of Christensen [13]stochastic theory.
Radial Roughness
The roughness of this model is in the form of long, narrow
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ridges and valleys running in r- direction and film thickness
is denoted by

H = h+hs(θ ,ξ )

Thus stochastic Reynolds equation (2.11) is written as:

1
r

∂

∂ r

{
E [Q(A,B,H)]r

∂E(p)
∂ r

}
= 12µ

dhm

dt
(2.14)

Azimuthal Roughness
The roughness of this model is in the form of long, narrow
ridges and valleys running in θ - direction and film thickness
is denoted by

H = h+hs(r,ξ )

Thus stochastic Reynolds equation (2.11) is written as:
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Combining equations (2.14) and (2.15), we obtain
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where,

G(A,B,H,n) =


E [Q(A,B,H)] for radial roughness

{E [1/Q(A,B,H)]}−1 for azimuthal roughness
(2.17)

E [Q(A,B,H)] =
35

32n7

n∫
−n

Q(A,B,H)(n2−h2
s )

3dhs (2.18)

E
[

1
Q(A,B,H)

]
=

35
32n7

n∫
−n

(n2−h2
s )

3

Q(A,B,H)
dhs (2.19)

Using the following dimensionless variables in equation (2.15),
we get
r∗ = r
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where,
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The pressure boundary conditions are:

P∗ = 0 at r∗ = k∗ = k/K (2.21)
P∗ = 0 at r∗ = 1 (2.22)

The non-dimensional squeeze film pressure is obtained by
integrating the equation (2.20) using the conditions (2.21) and
(2.22),
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The load carrying capacity is obtained by integrating film
pressure over the film region:
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The dimensionless load carrying capacity is given by
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The dimensionless squeeze film time is given by
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3. Results and Discussion
The combined impact of surface roughness and micropolar

fluids on the squeeze film lubrication between rough flat plate
and curved annular plate is studied by considering various
non-dimensional parameters such as roughness parameter c∗,
coupling number A, couple stress parameter B∗ and curvature
parameter ζ . As the roughness parameter c∗→ 0 the squeeze
film characteristics analyzed in the current analysis reduces
to the smooth case studied by Hanumagowda et al.[10]. The
following set of values are considered in the present anal-
ysis A = 0.0,0.2,0.4;B∗ = 0.0,0.05,0.1;ζ = −0.5,0.0,0.5
and c∗ = 0.0,0.1,0.2.
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3.1 Squeeze film pressure
The deviation of dimensionless pressure P∗ versus r∗ as func-
tion of c∗ is illustrated in Figure 2 with A = 0.2, B∗ = 0.3,ζ =
0.5 and k∗ = 0.2 and it is found that for increasing values of
c∗, pressure P∗ increases (decreases) for azimuthal (radial)
roughness patterns and also it is noticed that at c∗ = 0 both
the roughness patterns reduces to smooth case. The plot of
P∗ versus r∗ for distinct values of A,B∗ and ζ is shown in the
Figure 3, 4 and 5 respectively and it is found that P∗ signifi-
cantly increases for larger values of A,B∗ and ζ for both the
roughness patterns.

3.2 Load carrying capacity
In Figure 6, the graph of non-dimensional load W ∗ as a func-
tion of ζ with A = 0.2, B∗ = 0.3 and k∗ = 0.2 for distinctive
values of c∗ is elaborated and it is noticed that for increasing
the values of c∗, load W ∗ also increases for azimuthal and
decreases for radial roughness patterns and when c∗ = 0 both
the roughness patterns reduces to smooth case. The graph of
W ∗ against ζ for distinctive values of A and B∗ is presented
in Figure 7 and 8 respectively and it is seen that load carrying
capacity W ∗ increases for increasing the values of A and B∗

for both the roughness patterns.
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3.3 Squeeze film time
The graph of dimensionless squeeze film time T ∗ for distinct
values of c∗ against hm

∗ is elaborated in Figure 9 and it shows
that for larger values of c∗, T ∗ also increases (decreases) for
azimuthal (radial) roughness patterns and from the figure it
is clear that at c∗ = 0 both the roughness patterns reduces
to smooth case. The variation of T ∗ along hm

∗ as function
of A,B∗ and ζ is presented in the Figure 10, 11 and 12 re-
spectively and as the result, squeeze film time T ∗ increases
for increasing values of A,B∗ and ζ for both the roughness
patterns.

4. Conclusion
The impact of roughness and micropolar fluids on squeeze

film characteristics between rough flat plate and curved annu-
lar plates is analysed. From the obtained results and discus-
sion, the following conclusion can be drawn:
• Surface roughness has substantial influence on fluid squeeze
film pressure, load carrying capacity and squeeze time as
compared with smooth case discussed by Hanumagowda et
al.[10].
• The presence of micropolar fluids enhances the pressure,
load-carrying capacity and squeeze film time as compared to
the corresponding Newtonian case.
• The squeeze film characteristic is significant for larger values
of ζ .

Table 1: Comparison of present analysis with Hanumagowda
et al.[10].
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